CHAPTER VIII

CONCLUSIONS

We obtain| the following results:

. Let P be alprime ideal of a P-semigroup M and A C M. Then (A,P)isa

prime ideallof M. Furthermore, (A, ﬂ P is a semiprime ideal of M if
P&P(M)

(1 P#0.

PEP(M)
_ Assume that M is a commutative ordered T-semigroup and A € M. If
{I; | i € A} is a collection of ordered prime ideals of M such that ﬂ I # B,
then {4, (] I)) is an ordered semiprime ideal of M. -

i
. 1f I is an siprime ideal of a T-semigroup M, then ¢; = oy and n & ér.

_If T is an ordered prime ideal of an ordered I'-semigroup M, then &; =

(I x YU (MN\Tx M\ ).

. Every (n — 1)-prime ideal of a ['-semigroup M is an n-prime ideal of M for

all integers n > 3.

. Every ordéred (n — 1)-prime ideal of M is an ordered n-prime ideal of an

ordered I-semigroup M for all integers n > 3.

 An ideal I of a commutative I'semigroup M is an n-prime ideal of M if
and only if any extension of I is an (n — 1)-prime ideal of M for all integers

n > 3.

. An ordered ideal I of a commutative ordered I-semigroup M is an ordered n-
prime ideal of M if and only if any extension of [ is an ordered (n— 1)-prime

ideal of M for all integers n > 3.
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9. A Tsemigroup M is a band of weakly r-archimedean sub-T-semigroups of

M if and only if it satisfies the condition for all a,z,y € M and o, 8,7 €T,

(a, ava), (z0a, zaaya), (afy, avafy), (zaafy, zaayafy) € n Moy ()

10. An ordered I'-semigroup M is a band of weakly r-archimedean sub-I'-semi-

groups of M if and only if it satisfies the condition for all a,z,y € M and

o, B,y €T,
(a, aya), (zea, zaaya), (aBy, avefy), (zaaBy, zaayaPy) € 3, N1 Lo(%)
11. Let

™
i
P

orall z,y € M and . 8 € T'}
be a congrience on a [-semigroup M. Then M/p is an ordered I'-semigroup.

12. Let

(a,) | (a,b), (zaa, zab), (afy, bBy), (zeaby, zobfy) € 7, N 7"

or all 2,y € M and o, f € I'}

=
il
P

be a congriience on an ordered I-semigroup M. Then p is a regular congru-

ence on M.
13. Let M be a I-semigroup. Then following statements are equivalent:

{(a) M is a band of weakly r-archimedean left ideals of M.
{b) M is a band of r-archimedean left ideals of M.

(¢) M satisfies the condition for all a,z,y € M and o, 8,7 €T,

(a,a8), (zaa, zaaya), (afy, avaPy), (zaafy, zoayafy) € 0. N7 (%)
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14. Let M be 4 negative ordered I'-semigroup. Then the following statements

are equivalent:

(a) M is a band of weakly r-archimedean sub-T-semigroups of M.

(b} M is a band of r-archimedean sub-I"“semigroups of M.

(c¢) M satisfies the condition foralla,z,y € M and o, 8,7y €T,

(a, aa), (zag, zaaya), (aBy, ayaBy), (€xaPfy, zaayaby) € Fr O (£)

15. If M is a commntative I'-semigroup, then M is a semilattice of archimedean

sub-T'-semigroups of M.

16. If M is a cofmutative ordered I'-semigroup, then M is an ordered semilattice

of archimedean sub-T'-semigroups of M.

17. If M is a ¢commutative T-semigroup, then M is, uniquely, a semilattice of

archimedesan sub-I'-semigroups of M.

18. If M is a commutative ordered T-semigroup, then M is, uniquely, an ordered

semilattice of archimedean sub-I-semigroups of M.

19. Let p be

a regular congruence on an ordered I'-semigroup M. Define a

relation (< op}/p on M/p as follows:

(< op)

p = {((@)p ®)s) | (z1,31) € (< 0p) for some z; € (z), and

1 € (¥)p)-

If <:= {((&)p, W)p) | (&), (¥)p) € ((£ op)/p)™ for some m € N}, then < is

the least regular order on M/p with respect to the regular congruence p on

M.

20. If p € SC(M), then (M/f(p); =¥’} is an ordered I'-semigroup.
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21. If p € OSC(M), then (M/F(p);=') is an ordered I'-semigroup. Moreover,

if z <y, then F(x), =" F(y),
92. If p € SC(M), then M/p = M/f(p).

93. If p € OSC(M), then M/p = M/F(p). Moreover, if z < y, then F(z), <

F(y)p-






